by

and

Abstract

Keywords:

batches.

care.

t

X ≡ (t t ≥ 0} Ω,^ D ≡ D ∞ ∞ σ Ω, ^ D and X(t 3 P Ω,^ X (P (P n^{− 1/2} ∫_0^{nt} [X(s) ]ds B(t n

where D P and B ≡ (t t ≥ 0} σ^2 P ∈ 3 processes Xin D

t = X X(t) = X t t t t X

m length T m ;

i^{th}

X_i (T) = T m∫_{(i −} X(s)ds , i = (2)

m observations X_1 (T X_m(T that σ^2 T X μand σ^2.

g_T : R^m → R for T > σ^2 is g_T(x_1 x_m T and x_i = X_i (T), i = m g_T T P. 3 -consistent P ∈ 3 g_T(X_1 (T X_m(T^2 (P T . (4) Here P in R σ^2 (P P. m.

3 -consistent.

σ^2 m m be

g_T^∗ (x_1 x_m) = m(m− T i =1Σ m x_i − m 1 k=1Σ^{m x}k 2 (5)

T > 0, m ≥ x_1 x_m) ∈ R^m =^d

g_T^∗ (X_1 (T X_m(T^2 m^2 g_1^∗ B( ) − B i − ≤ i ≤ m)

=^d

m− 1 σ^2 χ_{m− 1}^2 in R ,

where χ_{m− 1}^2 m−

Proof.

g_T^∗ (X_1 (T X_m(T = m− 1 m_____ i =1Σ m T T ∫_{(i −} X(s)ds_{− T} mT ∫_0^T X(s)ds 2

= m − 1 m i =1Σ m T^{− 1⁄2} ∫_{(i −} [X(s) ]ds − m^{− 1} T^{− 1⁄2} ∫_0^T [X(s) ]ds 2

2 m− 1 m_____ i =1Σ m B( ) − B i − ) − m B 2 =^d

m− 1 σ^2 χ_{m− 1}^2 as T

h : D → R x ∈ D by

h(x) =

m− 1 m_____ i =1Σ m [x( ) − x i − ) − x^2 .

σ^2 χ_{m− 1}^2 /(m− σ^2 σ^4 /(m −

mincreases,

m σ^2 χ_m^2_2 and m m σ^2 χ_m^2_2 N σ^4

where N(a, b a b. m m and T

P such

that X(t) = X t t ≥ X

X = X(k k ≥ N σ^2 any m T m,

(X_1 (T X_m(T =^d T m σ B( T m σ [B(T) − B(T(m−

m i.i.d. N σ^2

functions

g̃_T(x_1 x_m) = g_T T m x_1 T m x_m . (8)

g_T(X_1 (T X_m(T =^d g̃_T(σ N T m σ N ≡ (σ N_1 σ N_m N N

g̃_T(σ N) as T (10) σ σ_1 and σ_2 σ_1 T_n : n ≥ km : k ≥ g̃_{Tn} (σ_1 N)_1 n g̃_{Tn} (σ_2 N)_2 as n T_n′ : n ≥ T_n : n ≥ g̃_{Tn′}(σ_i N)_i n (12) i = i = g̃_{Tn′}(x)_i x σ_i N g̃_{Tn′}(x)_i x on R^m σ_i N g̃_{Tn′}(x

Acknowledgment.

References

York.

Convergence,

Appendix

g̃_{Tn′}(x)_1 as n all x R^m A = {x :_nlim g̃_{Tn′}(x)_1

0 = P(σ_1 N ∈ A^c ) = ∫_{Ac} f(x)λ (dx)

where λ f σ_1 N B_n = {x : n^{− 1} ≤ f(x) < (n −^{− 1} n ≥ B_1 = {x ≤ f(x Then

0 = ∫_{Ac} f(x)λ (dx) =_{n = 1}Σ^∞_{Ac ∩ Bn}∫ f(x)λ (dx) ≥_{n = 1}Σ^∞ n^{− 1} λ (A^c ∩ Bn ) ≥

λ (A^c ∩ B_n ) = n and

λ (A^c ) = n = 1Σ ∞ λ (A^c ∩ B_n ) = 0 .